Introduction
Brouwer, Cohen, and Neumaier invented the term classical parameters (D, b, α, β) to describe the intersection numbers of most known families of distance-regular graphs [3, p. ix, p. 193 [3, p. 195 ] for a detailed description). For b < −1, the classification is done in the case c 2 = 1, a 2 > a 1 > 1, D 4 [14] , and in the case a 1 = 0, c 2 > 1, D 4 [15] . For the case a 1 = 0, Miklavič shows the graph is 1-homogeneous [6] . A. Jurišić, J. Koolen, and Š. Miklavič study distance-regular graphs in the cases a 1 = 0, a 2 = 0, without the assumption of classical parameters, but instead with an additional assumption that the graphs have an eigenvalue multiplicity equal to the valency, and they almost classify such graphs [5] . In this note, we study distance-regular graphs with classical parameters (D, b, α, β), D 3, a 1 = 0, and a 2 = 0 (hence b < −1 by [7, Lemma 3.3] ). We prove c 2 2, and if
Note that Witt graph M 23 is the only known example of such graph with c 2 = 1 and the class of Hermitian forms graphs Her 2 (D) is the only known family satisfying the conditions with c 2 = 2.
First we review some definitions and basic concepts concerning distance-regular graphs. See Bannai and Ito [1] or Terwilliger [10, 11] for more background information.
Let Γ = (X, R) denote a finite undirected, connected graph without loops or multiple edges with vertex set X , edge set R, distance function ∂, and diameter D := max{∂(x, y) | x, y ∈ X}. A graph Γ is said to be distance-regular whenever for all integers 0 h, i, j D, and all vertices x, y ∈ X with ∂(x, y) = h, the number and
A strongly regular graph is a distance-regular graph with diameter 2. We quote a lemma about strongly regular graphs which will be used in the next section. 
3)
where
A subgraph Δ of Γ is called weak-geodetically closed whenever for any vertices x, y ∈ Δ with ∂(x, y) = i,
Weak-geodetically closed subgraphs are called strongly closed subgraphs in [9] . Let t be a positive integer. Γ is said t-bounded, whenever for any integer 0 i t, and any two vertices x, y ∈ X with ∂(x, y) = i, x, y are contained in a regular weak-geodetically closed subgraph Δ(x, y) of diameter i. Furthermore by [13, Theorem 4.6] , Δ(x, y) is a distance-regular graph with intersection numbers (1.9) for 0 j i. We need the following three lemmas in the proof of our main theorem. and (ii) hold.
(i) α < 0 and b < −1.
(ii) Γ is 3-bounded. 
Main result
Combining this with inequality (2.2) we find
Evaluating (2.3) using (2.1) we find 
Let Ω ⊂ Δ be two weak-geodetically closed subgraphs of Γ with diameter 2 and 3 respectively. Note that Ω is a strongly regular graph with a 1 (Ω) = 0, c 2 (Ω) = 1 by (1.7) and (1.8) . Combining this with (1.1) and (1.2) we have
by Lemma 1.1. Note that
by (1.9), (1.4), (2.5), and (2.6). Solving (2.7) with (2.8) for integer b < −1 we have b = −2, −3, or −8.
Note that
by (1.2), (1.8), and (1.9). Evaluating (2.9) using (1.3)-(1.5), (2.5), and (2.6) we have 
